LOGARITHMS .

In this unit the stodents will be able to:

Express a number in standard form of scientific notation and vice versa.
Define logarithm of a number to the base a.

Define a common logarithm, characteristic and mantissa of log of a number.
Use tables to find the log of a number.

Give concept of antilog and use tables to find the antilog of a number.
Prove the four basic laws of logarithm.

Apply laws of logarithm to convert lengthy processes of multiplicatior
mmmwpmofﬁmﬂimw.
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October 8, 2005 is an unforgettable day in the
history of Pakistan, when the earth started
shaking violently and in few minutes the worst
disaster had ruined many of the towns and
villages from the face of the earth. This
earthquake measured 7.6 on Richter scale but
what is a Richter scale? Answer to this question
will be explained in this unit.
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Exponents provide an efficient way of writing very large
as well as very small numbers. For example:

approximate mass of Uranus is 87 trillion trillion kg

i.e. 87 followed by 24 zeros or

87, 000000000000, 000000000000,

This style of expressing a number is called standard form
which is not useful for such a large number, since some error may occur while writing or telling
it. There is another method of writing such numbers, to make them handy.

This method involves integral exponents of 10. In this method the mass of Uranus is
8.7x10,000,000,000,000,000,000,000,000 kg = 8.7x10% kg. This method is called Scientific
notation.

For example: 5.3 x 107,7.412 x 107, 1.592 = 10°,

How to Write in Scientific Notation

» Place the decimal point after first left hand nonzero digit, the resulting number is d.
(Position after first left hand nonzero digit is called reference position.)

» Count the number of digits moved by the decimal point. This is absolute value of n.

» If decimal point is moved to left, value of n is positive,

» If decimal point is moved to right, the value of n is negative.

e.g 'llrI;;t‘lH =05.432 %10 or 5.432 %107
and 5¥ 4312 = 5.432 x10?

Example 1: Convert the following into scientific notation:
(2) One light year: 5880,000,000,000 miles

v |
5 880000000000.0 = 5.88 x 10"

0.000004 92=492x10"g

Standard Notation: The number already written in scientific notation, can be converted to
standard notation by the multiplication of its two factors.




Example 2: Convert the followings into standard notation.
(a) Density of hydrogen = 8,99 x 10~ g/cm’

= -5
8.99 % 107 =0 00008 .99 * 10~ = 0.0000899 Exponeat is positive so the
(b) Number of air sacs in lungs = 3.5 = 10

3.5 x 10%= 3 ,50000000 0 > 10" = 350000000.0 or 350000000 )
Example 3: The closest star to the Earth (other than Sun ) is Alpha Centauri, 4.35 light years -
from Earth. How many kilometers from Earth is Alpha Centauri?

If one light year = 9460920 million km. Write the answer in scientific notation,

Solution: One light year = 9460920 = 10° km
Distance between Earth and Alpha Centauri
=4.35 light years = 4.35 x 9460920 = 10" km
= 41155002 % 10° =4,1155002 =10°*10’
=4.1155002 10" km

Example 4: The speed of light is approximately
3 = 10° kmv/s and distance bétween earth and sun is approximately 1.5 = 10* km. If the sun is
suddenly to burn out, how long would it take for earthlings to know about it? Write the answer
in standard notation.

Solution: Formula for finding time, if the speed and distance are given, is

Time = Distance/Speed

Here, speed of light = 3x10" km/s and distance between Earth and Sun =1.5x 10"km.

(]
Timc=M =0.5 % 10** sec=0.5 x" 10 sec = 500 sec or 8 min 20 sec

3x10°km/ s

1. Write the following in scientific notation.
(i) 0.00053407 (i1) 53400000 (iii)  0.000000000012 (iv) 2.5326
2. Write the following in standard notation.

(i) 9.067 =107 (i) 5.64x10" (i) 6.53x10° (iv) 3.1415 < 10” .
3. Simplify the following by converting into the form indicated. ‘

(i) 563.71 x 107 = 2,54 x10* ———4 scientific notation

. ]
(i1) E—f?}:li S standard notation
2.549x 5067 <10’ N3 '
(111) 0 R scientific notation
(iv) 0.0009988 = 10" ————» standard notation
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4. If it takes 5 seconds to recite ‘Kalma Pak’ once, how many hours will it take to recite "Kalma
Pak®' one million times? Convert hours into days and write the answer in standard form.
Round off the answer, discarding the decimal part.

5, Distance between Earth and Sun is 9.3225600%10" miles. If speed of light is approximately
1.86,000 x10° miles per second, how long does it take for light to reach the Earth. Convert the

answer in minutes writing in standard form.

2.2.1 Why We Use Logarithms

Population of the world is growing and the
radioactive wastes are decaying continuously. SUSNIE, SOUR SYRPICE SRR
The mathematical tool used to predict the future h'.'ml g ﬁjwwﬂ

and explore the past of such rates of growth and Lo AR

decay over time, is an exponential relation.

i.c. an equation of the form x=b" where b, x and y are real numbers,b>0,x>0

and b # 1. This relation is widely used by archaeologists, scientists and business people. The
inverse relation of this exponential relation is called logarithmic relation.

Definition of Logarithm

While evaluating logarithms, remember that a logarithm is an exponent, e.g. if
log,81= 2, then 2 is the logarithm of 81 with base 9, since 9 raised to power 2 gives 81.

Example 5: Convert the following exponential equations to logarithmic equations and the
logarithmic equations to exponential equations.

(a) 27 =128, here base = 2, exponent = 7 and x = 128

exponent
l .t |
" 2128 e bog . %8 = Y
[ Base $
a. Archaeologists, for finding the age of very
old bones, fossils ete. !
{ [ b. Scientists for finding the life time of
?_] A il P _3 Iwﬂﬂmm
) W o g

(¢ VY125=50r (125)° =5

125 =5 & log. 5= % |
|
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Example 6: Check whether these logs are defined or not?

(a)

(b)

()

(d)

bg,2= y = 1¥=2

None of the exponents of 1 can give answer 2, so log, 2 is undefined.
bgy )=y = §=-]

None of the exponents of 5 can give answer ‘-1°, so log, (~1) is undefined i.e. log of
negative number is not defined.

bg, 0=y = 2'=0

None of the exponent of 2, can give answer 0, so log of 0 is not defined.
Is log, (4-2x)=y trueornot forx=0,1,2.

bg, @-20)=y = ¥=4-2

Ifx=0, then2'=4is true fory=2.

Ifx=1, then2'=2istrue fory=1.

If x=2, then 2"=0 is not true for any value of y.

Example 7: Find the value of unknowns by converting logarithmic form to exponential form.

(a)
(b)

(c)

(d)

1
As bases are same 50 exponents must be same. i.e. 3y=1or y= —

Example 8: Find y if log, (v’ +1)=log, 28
Solution: log, (y' +1)=log, 28
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bg, x=4 = 2%=x = x=2x2x2x2=16

4 -3 3 -2 3-1‘! l 1
Io — —T — ) b_?-. e B 4 P h"?=2 =7
ol v 8. 7
As exponents are same, 50 bases must be same ie b=2
og,3=y = 27¥=3 or [31]’=3 = 3¥%=3

3

= +1=28 or y=28-1=27
y=427 =3
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1. Check whether log , (7 —x) is defined for

(i) x=0 (i) x=1 (iif) x=6 (iv) x>7
2. Convert the form of following equations i.e. from exponential form to logarithmic form and
vice versa

3
() bg,r=5 () b4 =

27
V) 1253 =25 o) bg, 102 =y (vii) (256) ¢ =
(vil) log, &’ +1)=2 (ix) bg,(2x-3)=1(x) 2&x+1=2

3. Find the value of x in the following questions.
(H  log,3=1 () bog,,9=2
(iv)  log,64=x+1 (V) bg,x=4

4. Find the unknowns appeared in the question 2.

(M  bg,216=3 (i) 7'=2401

(i) Jog,81=x
(Vi) g, (*~1)=3

2.2.2 Common Logarithm
There are two most commonly used bases for logarithm i.e.'10" and ‘e =2.71828"(an irrational
number). Base 10 was used by Henry Briggs.

These logarithms are also called Briggs's logarithms, denoted by log x or simply
log x. If none of the base is mentioned with log then it is obviously a common logarithm e.g.
log ,,36 can be simply written as log 36.

Logarithm of a number = Characteristic + Mantissa

2.2.3 Characteristic

TR aadh oo el o e Hadd ik anmndiedaids
D wadaate ! ot il | o g o et iyt o hii
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Characteristic is an integer. It is infact the integral power of & e rgran "

10, when the number is written in scientific notation. e.g log 1 =0

characteristic of log 3.3 x 10” is ‘2" and in log 5.632 x 107, *logl0'=1
characteristic is negative 4. This negative characteristic is ::’::5::

usually written as 4. * log 10"=12

Characteristic of the log of some number can also be found it Ko ot
using reference position. In 0.00532, the reference position o 150 If 1< X <10,

is between 5 and 3. By counting the number of digits between  then 0 <logx < 1.

the decimal point and the reference position we get the
numerical value of the characteristic however, the sign is
taken negative if the reference position is on right side of
the decimal point and it is taken positive otherwise.




2.24 Mantissa
Decimal part or the fractional part of a logarithm is called mantissa.

Mantissa is always a nonnegative number less than 1, i.e. it can be either zero or positive but
never negative. Mantissa is found from the log table.

A small part of log table:

W i 7 ) 3 5 1 7 W ¥ 1L % 314 S -1 ¢ 3
10 | oooo [ ooes | oowe | o128 f 0190 [ s | sy | asa Lonss | wona |4 & 12 | s J_:; % 138 2
11 ] 14 | 0433 | D452 | 0331 | 50F | ooy | odes | ogaz | o719 | o7ss a3 1|.:|I :i :: g g itli i:
12 | 0792 | 0GR | ORG4 | ORSS | 09G4 | oo | yong | jone | 072 | d10s ; I tll] 1|: :F.' illl i i: ﬁ
e R e e A T T I 3.3yl u n ;r} > ;:
14 | 1461 | as2 | 1523 ] ASS3 | MM ) G | jaas | aem | apoa | v ; Y s E :: Bl 12
15 | 1761 | 1790 | WNIK | 1847 [ URTS | oy | asan | 1ess | 1em7 | 2004 AR A

Example 9: Find (a) log 156.3 (b) log 0.0123
Solution: (a) log 156.3 = log 1.563 = 10°
characteristic = 2

Convert the number into scientific notation

mantissa = .1 93 or 0.1939
log 156.3 = characteristics + mantissa = 2+ 0.1939 = 2.1939

(b) log 0.0123 =log 1.230 = 107
charactm'lstic ==2'0or 2

For mantissa, use the log table to see the number present at the intersection of row of 12 and the column of 3 i.e.
0899, as there is no difference table for *0' so mark the decimal point before the first digit i.e. mantissa is .0899.

mantissa = .H_BEIQ :
log 0.0123 = 2 +.0899 = 2 .0899 (never write *~2.0899")

Example 10: Find  log 1009 ' —

Solution: - Number of digis
log 1009 = log 1.009 = 107 o 09 in a whole number = characteristics +1
characteristic = 3 i.e If characteristic of log of some
mantissa = 0038 (# .38) ;hnh number is 3, then the number

digits in that number will be
s log 1009 =3.0038 341l
see Example 10 for confirmation.
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Find the logarithms of following numbers if possible.

I. 5313 2. 4580 3. 9613 4. 1109
5. 5239 6. 0.01207 7. 0.0093 8. 1 Trillion '
9. 0.00004 10. 4 11. 4000 12. 54

13. 1.009 14. 0.1009 15. -4

2,25 Antilogarithm
The inverse operation of taking log is called antilog. An antilog is used to cancel the effect of log.

Antilogarithm tables are used for finding it. Before finding antilog, recall that log x consists of
two parts, characteristic and mantissa. For finding antilog, mantissa is used for looking in the
antilog table. Characteristic is not used in table, however characteristic is used for locating the
decimal point in the number obtained from antilog table.

A small part of Antilog of Table:

1] I 1 3 4 3 & 7 8 9 =it 4 5 & T & @
A5 | 2818 | 2835 | 2831 | JH38 | 2444 | 2RS| | IMSK | 2864 | 2BT7L | 2677 - - 3 3 & 5 3 6
46 | 3884 | 2891 | 2897 | 2904 | 2911 | 2917 | 2924 | 2931 | 2938 | 2944 | 1 1 2 | 3. 3 4 | 5 5 6
47 | 2951 | 295 | 2965 | 2972 | 2979 | 2985 | 2992 | 2999 | 3006 | 3013 | 1 1 2 | 3 3 4 | 5 § 6
AR | 3020 | 3027 | 3034 | 3041 | 3048 | I058 | 3062 | J069 | 3076 | 1083 I ] I 4 4 3 5 &
A9 | 3090 | 3097 | 3105 | 3112 ) 319 | 3126 | 3133 | 3141 | 3148 | 3155 1 1 2 3 4 4 5 6 6

Example 11(a): Find antilog 2.4541
Solution: 2.4541 is obviously log of some number so, §
characteristic =2 (integral part), mantissa = 4541 (fractional part)

- antilog 2.4541 = 284.5
(b) Iflogx = 2.0000, then find x.
Solution:  Jog x = 2.0000
antilog(log ¥) = antilog (2.0000)  ( taking antilog on both sides.) |
x=antilog ( 2.0000)
here, characteristic = 2 and mantissa = 0000 (see log table at the back of this book.)
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~. x = antilog ( 2 .0000)
=.01000
Example 12: Find antilog of 2.4900
Solution: antilog 2.4900
characteristic= 2 mantissa = .4900

antilog (2 .49) = I. 03 A 090 = 0.03090

Find the antilog of following numbers.

1. 24324 2. 1.5890 3. 02425 4. 3.5636
5. 4 6. 0.0038 7. 1.2429 8. 2.9281
9, 3.5219 10. 0.0000 1. -3 12. 5.9990
13. 24900 14, 0.49000 15, 2.34

Commuon and Natural Lovarithm

John Napier started developing log tables with base e, so the logarithms with base e are called
natural logarithms or Naperian logarithms, represented by “/n x°.
23.1

Napier spent last 20 years of his life working with log tables of base e, which he never finished

and died. Henry Briggs, then completed these tables. The difference between common and
natural logarithms is depicted below.

 Log Type | Representation Base Nature of base | Properties
Common log x 10 Rational mlt; 0 :
(Briee”) log 10 *=x
Natural In x e=2.71828 Irrational Inl =0
i

2 oo Losaritns 4

Laws of logarithms are closely related to the laws of exponents, since logarithms in nature, are
exponents. The laws of exponents are given in unit 1 . In this section the laws of exponents are
used to develop some laws of logarithms, for solving complicated equations involving exponents
and logarithms. Also the complicated questions of multiplication, division and root extraction are
converted to handy sums of addition and subtraction.

Unit-02 Logarithms
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2.4.1 Product Law of Logarithms
For any real numbers m, n and b where b= 1, log,mn=logysm+logyn

Proof: Let logym=x logyn=y
Their respective exponential equations are
m=b" ...... (iii)) and n=b"
Now product of equations (iii) and (iv) is
mxn=b".
mn=b""" « using product rule of exponents
+logarithmic form of above equation

or itlogyn < substituting the values of x and y

The Product law of logarithms states that:

Example 13 (a): Use the product rule to expand log. (x* " z). _
Solution log. (x* ' z) = log. x* + log. " + log. z

(b) Use product rule to combine In a + In/b + In ¢* in a single logarithmic term.
Solution Ina+invb+Inc =in(aJb ')

2.4.2 The Quotient Law of Logarithm
For any positive numbers m, n and b, where b= 1.
Iog,% = logym-logsn

Proof: Let logym=x and logyn=y
Respective exponential forms of above equations are
(iii) and n=b"

Dividing (iii) by (iv) i.e.

P -~

The Quotient law of logarithms states that:




Example 14 (a): Use quotient law of logarithms to expand log E!- .

(b) Use quotient law of logarithms to combine log 39 - log t — log b into single logarithmic
term.

1
Solution (8): log %= log 13~ (log 7 +logb)= log 13 —log 7—logb

Solution(b): Jog 39 —log t - log b= log 39 — (log t + log b) = log 39 — log tb = log %Eg -

2.4.3 The Power Law of Logarithm
For any real number m, nand b, wherem >0, b>0,b = 1,logym"=nlog,m
Proof: Let lﬁg pM=Xx
Converting into exponential equation i.e m = b"
m"=(b)" < takingn™ power on both sides.
or m" =b™ « using power of power rule .
= logym" =nx « converting into logarithmic form .

+ substituting the value of x.
The Power Law of logarithms states that:

Example 15(a): Use power law of logarithms to expand logs 100 }
Solution: logs 100~ =—3 log, 100
4

(b) Use power law of logarithms to combine — 3

log 5 7

.
3

4
Solution: _EIUE & T=log; 7

2.44 Change of Base Law of Logarithms

Although only common logarithms and natural logarithm are programmed into a calculator still
the logarithms for other positive real bases can be found by changing that base into some
frequently used base that is ‘e’ or ‘10", The law which enables us to change the base is called
change of base law which is given below.,

If a, b and m are positive real numbers and, a# 1, b= 1, then
log.,m=logym.log,b
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Proof: Letlogym=x
= m=b «converting above equation into exponential equation.
log,m=1log.b" «taking log on both sides with base ‘a’".
log »m = x. log 4 b «—applying power law of logarithm.

ar

Example 16: Convert the base of log, 536 into 10.
bog,536  ~ log536

Solution: log, 536 = it og b

i
2.3
Example 17(a): Use laws of logarithms to expand log i‘p <5
!
$pigd _ 3.4 5 e - ]
Solution: log o =log(5p"q: )-log(4+s U') <«using quotient law of log
5

=Iug$+lugp’+lugq% ~[log 4 + log /s +log '] «using product law of log

=-Iogi‘+2k:gp+%logq-—lng4—%lugs—3lngt «using power law of log
(b) Use laws of logarithms to evaluate

(log25V3 (i) log,(og,8" ~log ;27 +log ;; 10)
hg..,ﬁﬁ
lo

Solution: (i) log25+v3= E
1a

« change of base law

1
[hgs-i-hg:!’]

log 2
=[0.6990 + % (0.4771)] + (0.3010)

=(log5 + ;} log3) + log2

09376
= Soi0 - 1148

(i) Evaluate log, (log, 87 ~ log ; 27 +log ;; 10)
g ,(log , 8* ~log ; 27 + log .- 10)
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“hgz(bgz{zjr 'bﬂﬁ((ﬁr)] ‘*‘hﬂ,.'m(“'rl_n}:J

=hg=[hg=Zf'-hgﬁ(ﬁ]b*#hgﬁ(\(ﬁrj
=hgj(5hg=2—ﬁhgﬁﬁ+2hgﬁ\fﬁ] ( logy b* = x)
= log,(6-6+2)

=log,2 =1 (= logy b= 1)
c. If logy2=0.3010, log, 3=0.4771 and log, 5= ﬂﬁm then evaluate

log , 0.0036, applying laws of logarithms.

Solution: | 0036=
n: logy 0.003 lugt.{l

2“32
5.

|“Eh{ 5,

2 Ings,;l 2logp2-4logy 5
2(0.4771) - 2(0.3010) — 4(0.6990)
—2.4438

lngu{

(which is negative number having both characteristic and mantissa as negative.)
Since mantissa can never be negative, to make the mantissa positive check the next positive
integer to the magnitude of the answer. The next integer is *+3" as shown on the number line

S FEas B = I >
0 1 24 3 SR
24438 —p

Now ‘add 3 to” and ‘subtract 3 from’ the answer

i.e. log, 0.0036 =-2.4438 +3 -3 =0.5562 - 3.

The positive term is mantissa and negative term is characteristic.
So, log, 0.0036 = 3.5562

Important results deduced from Laws of Logarithms
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1. Use laws of logarithms to expand the followings.

1
(Hlog9t {“Jlog? (i) log {:;Ii}} () log ‘%::

1 I L
5°t'a’ Tt  om 5.512pm*
o 5.l “___. e A Ll
(v)iog( Ya.41p’° ) (Rlog db’ (viDlog 4/5.91a’b

. Use laws of logarithms to combine the followings into single logarithmic terms.
() 3logx-Slogy

(ii) -;-lnrgl + % logr— ngugs

(iif) -:; [log 57.7 — 3log 9.24 + 4 log 36.6 — 2 log 23.3]

(iv) Slog6—Tlog9.42 + %lugt— -;—lng 322+ %lﬂﬂﬂ

5 1 |
v¥) —log37.74 — — log 53.71 + —log 28.83
(v) 2 log 7 3 og 308

Use laws of logarithms to evaluate the followings,
(i) logs 15 (i logeyfo (i) log; 65 (iv)log ;5 72.34 (V)log f5 343

If logy2=0.3010, logy 3=04771, logy 5= 0.6990
then evaluate the followings with laws of logarithms,

6 100 {450 ' 2
i —- ii — (i iv 0. -
l}]ﬂgh 5 ( l‘lﬂgh 9 ( ﬂlﬂgbﬁ‘ ( ”‘Dgh 024 (I'}Iagh 5‘5

2.5 Applications of Logarithms

Common logarithms appear in many scientific formulae.
Richter Scale

Opening of this unit depicts the 2005 earthquake in Pakistan, when thousands of people lost their
lives. The Richter Scale used for measuring the magnitude (M) of earthquake is a logarithmic
scale. If | is intensity of its shock waves and I, is a constant then

M=1log (+-)

Unit-02 Logarithms




Example 18: An earthquake that occurred in Pakistan in 2005, measured 7.6 on the Richter
scale. In 1978, an earthquake in China measured 8.2 on the Richter scale. How many times, the
China’s earthquake was stronger than the Pakistan’s earthquake.

Solution: Let I, be the intensity of Pakistan’s earthquake and 1, be the intensity of China’s
earthquake.
I 5

As M=1 =
8 ug{f}

]

/
T‘hm.?.ﬁ=lng(!—‘ logli—logly .......... i

i

8.2=log {::—‘} log I, - log Iy

4
Subtracting (i) from (jj)
logl; - logl, =82-176

'
= Ing{f—'}=l}.6

- I ’ . : :
antilog log ( }i ) = antilog 0.6 (taking antilog on both sides)

1

- ‘;—:‘3_98=4

!
- China’s earthquake is nearly 4 times stronger than Pakistan’s earthquake.
Example 19; Use laws of logarithms to evaluate.

V8.59 3{556] { ||
(a) 5 $ |—
251 2]
V8.59 x (55.6)°

Solution: E let x=
® 2.51x+42.12
Then, by taking common log on both sides.

V/8.59 x (55.6)°
2.51x+/2.12

[ !
= log (8.59)" + log (55.6)° - log (2.51) — Jog (2.12)°

log x = log

l
= ilng 8.59 + 2 log55.6 — log 2.51 —-;- log (2.12)

]
"‘ '3”[!}.934{}] +2(1.7451) - (0.3997) —% (0.3263)
=0.3113 +3.4902 - 0.3997 - 0.1632

log x =3.2386
antilog log x = antilog 3.2386 Taking antilog on both sides
x = 1732.21
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1 '22
log x = log 3\/5— + 7 « Taking common log on both sides

3
l 1
163 zzJ: AW N
logx=log | —|° —log| = | ==log(—)-=log(—
og x ug[aj ug[:, F108(5) -7 log (=)
I 1
—-‘5 (log 16 - log 3) - 3 (log22 -log 7)
1 1 ! |
=—logl6—=log3- — log22+ — log7
G OF PINGIEEG g e TN
| | 1
=-3'; (1.2041) — 3 (04771) - = (1.3424) + = (0.8451)
logx = 04014 - 0.1590 - 0.6712 + 0.4226
log x = -0.0062
logx = (-0.0062+ 1)-1  « making mantissa positive
= 0.9938 - |
log x = 1.9938
Taking antilog on both sides.
antilog log x = antilog 1,9938
x = (09858
Example 20: Find the number of digits in 5.
Solution:

By finding the log of the given whole number, we can find the relevant characteristic. But the
number of digits in a whole number is always one more than the characteristic of the log of that
number.

Now log 5™ =50 log 5
=50 x(.6990) = 34.95
Characteristic = 34

Number of digits in 5*' = characteristic + 1 =34+ 1 =35
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1. Find the number of digits in
“) 3!! {m lm oo ‘m} 21# (M 5!1‘ {?] 529]!
2, Evaluate applying laws of logarithms.
65.89 47.27x5.321

23.57 x 5. bl
® x5967 M) =5, W) S a1

V129.4 P~ J39.24 x Y1931
Y2737 164.4 x J23.91

(v)

(27.98)’

v (28.73)

3. The Kansu, China earthquake of 1920 was measured about 8.5 on Richter Scale and the
Tokyo, Japan carthquake of 1923 was measured 7.8 on that scale how many times
stronger was the 1920 carthquake than 1923 earthquake?




Encircle the correct option in the following.
Ifa=b = 10" is written in scientific notation then ,

(a) 0sb<10 () 0<b<l0 () 1<H=10
In 0.537, reference position is

(a) after0 (b) after7 (¢) after5 before 7
log ,100is

@ 2 (b) -2 (c) impossible
If log(x+3)=log(15x —4)thenxis

(@) 05 (b 7 (<) 2
log ,7° +log,4"is

() 3 L) e (c) @ +3
For the log 0.00327, characteristic is

@ -2 (h) =3 (c) ¢ @ 0
log,(M + N) is

(a) log, MN (b) log,M+log,N (c) (d) none of these
log, g" is

(a) glog,h (b) log,(gh) (c) (d) hlog,b
log,M —log N is

log , M M og, N
) — (b) logy— ¢ | M d) =2
) Dguﬁ (c) 0g (d) M

(x)

() 4 ) 8
(xi) loglBis
(n) 3log2+logd (b)log2+2log3 (¢)3log3 +2log2 (d)2log3+3log2

(xif) log5-log8+log3d-log2is

S5x2 15 30
] et 2=l Sty X,
(a) %823 (b) log 16 (c) log " (d) log -2

(xiii) log,, 100" is
(n) 2 (d) impossible

Unit-02 Logarithms




(xiv)

(xv)

(xvi)

(xvii)

(xviii)

Scientific notation of 6.25 is
(@) 625x10'  (b) 6.25x10° (c) 6.25x10 (d) 0.625x10°
Base of natural logarithm is
(a) rational number(b)  integer (c) irrational number (d) 10
Iflog -25=4thenxis
(a) +5 b)) -5 (¢) 5 (d) impossible -
log ;; 10 + log ; 10 is
L log - 10* - log . 10 4 1 10*~10
(a) logj; To oz 10 —log 510 (o) (d) log ; (10°-10)
S5log2-2logsis
(log 2)° log 2° 2? S 2
—== log = d) —log-
Convert the following into scientific notation.
(i) 53.36 (i)  0.0000000000000102 (iiiy 523.4 x 107
Convert the following into standard notation.

() 7.232x 107 (ii) 10.53 x 10° x 20.31 (iii) 5.6 x 10°
Evaluate the following.

(i) bog, 5~ bog, 2° (i) bog, 4-log, 1 (iii) log,(log, x~ log,b™)

Find x if
(i) log, 9-bg, 1=x () log, x- log, 16'4 =3
(iii) log 2 (¥~ 1) =logz 3 (v) log,x=1log,(8 bg,y)

If logy 2=0.3010,log 3 = 04771 & log, 5= 0.6990, then evaluate the following by
applying laws of logarithms.

(i log v 30 (i) logy 0.24 (iii) logys 360
0.5327x42.97 ]" .

0.0059

Simplify with the help of laws of logarithm [

Prove that:

og,U * kg, ¥V x kg, W =1
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